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The Festschrift for Luiz Carlos Pereira [4]], celebrating his 60th birthday in 2015
is a truly remarkable volume. It brings together an impressive collection of influential
contributions. Among these, the paper by Gilles Dowek [3] stands out as particularly
significant for the development of the ecumenical agenda. In it, Dowek proposes a
unified and technically elegant framework for understanding the relationship between
classical and constructive logic, offering a perspective in which these systems are not
opposed but structurally connected.

Dowek’s starting point is closely aligned with a proof-theoretic view of logic, where
the focus lies on deductive practice rather than abstract semantic characterisations. His
approach is deeply rooted in the tradition of Kolmogorov—Gddel-Gentzen translations,
yet it pushes this tradition further by systematically integrating classical reasoning
within a constructive setting. Rather than treating classical logic as a separate or
external system, Dowek shows how it can be expressed internally through a disciplined
transformation of formulas.

More precisely, constructive connectives are taken as primitive, and classical con-
nectives and quantifiers are defined via systematic insertions of double negations, both
before and after each connective. This yields a uniform framework with a single notion
of provability, capable of expressing both classical and constructive reasoning. The
originality of Dowek’s contribution lies in the clarity and generality of this construction:
classical logic appears not as a rival system, but as a transformation of constructive
logic.

Then, denoting by ||A]| the formula obtained from A by replacing each (intuitionistic)
connective with its classical counterpart, the following result holds:

Theorem 0.1. The sequent Hy,...,H, = A has a classical proof if and only if the
sequent = ||Hy|| —¢ ... —¢ [|Hyll =¢ l|All has a constructive one.

This result makes precise the idea that classical provability can be faithfully repre-
sented within a constructive framework. Rather than collapsing the distinction between
the two logics, the translation preserves their structural differences while establishing a
precise correspondence between them. In this sense, Dowek’s work exemplifies a form
of logical ecumenism grounded in transformation and interoperability.

An analogous correspondence can be observed in the ecumenical system of Dag
Prawitz. However, the methodological contrast is instructive. While Prawitz internalises



classical reasoning directly within a unified proof system, Dowek achieves a similar
unification through explicit translations based on double negation. This makes Dowek’s
framework particularly transparent from a computational and formal perspective, as the
relationship between the two logics is given by a concrete syntactic operation.

Dowek concludes his paper with the following open question:

“Which mathematical results have a classical formulation that can be proved
from the axioms of constructive set theory or constructive type theory, and
which require a classical formulation of these axioms and a classical notion
of entailment, remains to be investigated.”

This question highlights a central research direction: understanding the extent to which
classical reasoning can be reconstructed within constructive frameworks, and where
essential boundaries remain.

Subsequent work by Emilie Grienenberger, Gilles Dowek, and collaborators has
further developed these ideas, leading to the implementation of Ecumenical STT in the
All-calculus modulo theory [1} 5} 2 |6]. These developments reinforce the view that
logical systems can be connected through precise formal transformations, forming a
rich and structured landscape rather than a hierarchy of competing foundations.

This talk will be devoted to Dowek’s view of ecumenism, its technical contributions,
and its continuing impact on the development of the ecumenical agenda today.

Desired duration of the talk: 30 minutes.
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